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Aoxfoeg - 1o PurAddio

1. E&etdote av o1 napaxdte npotdoelg eivon alnieic ¥ Peudelc.

Kdie Sravuopatixde ydeoc (8.y.) nepéyet €va undevixd didvuoya.

‘Evag 8.y. unopel va nepléyet meptoodtepa 10U EVOC UNdEVIXS SLaviouaTa.

Ye xdle 8.y. V enl evoc owpatoc K, ax =bxr = a =05, 6mov a,be K, x € V.
Ye xdle 8.y. V enl evoc owpatoc K, ax =ay = x =y, 6nrova € K, z,y € V.

Kdie otoyeio tou K" pnogel va dewpniel we éva otoryeio tou My (K).
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(¢") "Evag mivoxoag m X n €yet m 6THAES xou 1 YpoppéC.
() Xto P(K) propolue va npocécouye pévo moudvupa (Biou Boduot.
) Av f xou g eivon tohu@vupa Baduol n, téte 10 f + g eivon tohudvupo Poduod n.
) Av f elvor mohudvupo Baduod n xou A € K, A # 0, téte 10 Af elvar todudvupo Baduol n.
)

‘Eva un undevixd otoryeio tou K unopel va dewpniel wg éva otoryeio tou P(K) undevixod
Bodpo.
(1) Avo cuvapthoetc Tou F (S, K) eivan ioeg av xar uévov av éyouv ti¢ idieg tipéc oe xdle otolyeio

Tou S.

2. 'Eotw S = {0,1} xu K = R 10 odpa tov tpaypatixdy aprdudy. Aceilte 6t oto F(S,R), f =g
wa [ g = h, 6m0u [(x) = 20 + 1, g(x) = L+ 4w — 22 e h(x) = 5+ 1.

3. 'Eotww V 10 olvoho Ghwv v datetayuévwy (euy®dv tpaypatixmy optduodyv. Av (ar, az) xa (by, ba)

elvar otoyeia Tou V xou A otoyelo evéc oopatoc K, opilovye tic npdleig
(a1,a2) + (b1,b2) = (a1 + by, agbs) xou A (a1, a2) = (Aa,az).

Eivor o V' pe 1ic mpdéeic autég dravuopatixdg yopog el tou oopatog K;  Awxaoloyfote v

andvInoY| 6og.

4. EotwV ={(a1,...,an): a; €C, i=1,2,...,n}. Avegodidooupe tov V pe uc npdeic e (xatd
ouvtetaypévn) tpdoveonc xar Tou Baduwtol ToAaTAactaopol, TETE Efval BravuoRUTIXOC YWEOC EN

TOU OOUITOS TWY TPAYUATIKOY ApLIUOV;

5. Eoto V ={(a1,...,a,) : a; €R, i=1,2,...,n}. Avegodidooupe tov V ye tic npdéeic e (xatd
ouvtetayuévn) tpdodeorne xou tou Baduwtod tolhaniactacpol, téte eivor davuopatixde ywpog eni

TOU COUATOC TWV UIYadikdy oapiumy;
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‘Eotw V = {(a1,a2) : a1,a2 € R}. Av (a1, a2), (b1,b2) € V xu A € R, opilouye

(a1,a2) + (b1,b2) = (a1 + b1, a2 + ba)

xolt
(0,0) av A =0,
()\al,“f) av A # 0.

Eivar o V' e tic npdéeic autée davuopatindg yopeog ent touv R; Awxatoloyrote tnv andvinoey| cag.

)\ (al, CL2) =

. Eivar 10 60volo 6hwv TV napaywyouony Tpoyatixoy cuvapTHoeny Ye tedio optopgol to R évac

undywpoc tou C(R); Awxatohoyfote v andvinoy| oog.

. Anodei&te 6t av Wy xouw Wo ebvon undyweot evoe 8.y. V, 161te 0o Wi + W ebvan évag undywpog tou

V' nou nepiéyet 1o Wy xar Wa. Emndéov, anodeilte 6t elvon o uixpdtepoc undywpog tou V' mou

nepéyet o Wi xon Woa.

. Aci&te 6t 1o K" eivon 1o eudd ddpotopa twy undywewyv Wi = {(a1,...,a,) € K" : a,, = 0} xa
Wy ={(a1,...,ap) €K": a1y =---=a,_1 =0}
Evac nivaxac A Myetar avtiougpetpée av AT = — A, (TTpogavide évag avTioupPeTeIXGS Tivoxac

elvan TeTpaywvixos.) Aceilte 61t to 6Ovoho Wi GA0VY TV N X N AVTICUUPETRIXMY TVAX®Y efvat €vog
uTdY PO TOU My yxn(R). Av Wy givar 0 untdywpoc GV TV CULPETEXOY TVAX®Y ToU M« (R),

deilte 61t Mpxn(R) = Wi & Wh.

Aciére 6Tt av

10 00 0 1
M, = ., My = xou M3 = ,
00 0 1 10

té1e 1o span({ My, Ma, M3}) eivon 10 00vORO GA®Y TV CUUUETPIXOY 2 X 2 VX WV.

Aci&te 6t av S1 xar S elvar unoolvola evic d.y. V, tétowr wote S; C Sy, t61e span(Sy) C

span(S2). Ewwxdrepa, av S; C Sy xou span(Sy) =V, téte span(Sy) = V.

Acite 6t av S1 xSz eivan tuyaia unoolvoha evoc d.y. V, téte span(S; U S2) = span(Sy) +

span(Ss).

‘Eotw 61 S; xou Sy eivar unoolvoha evig d.y. V. Anodeilte 4t span(S; N S2) C span(Sy) N
span(S2). Adote éva napdderypa oto onolo to span(Sy N Sz) xo to span(Sy) Nspan(Sy) eivar iow

xou éval Tapdderyua 6To onolo elvar dtapopeTid.



