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Aoxnoeg - 1o PurAddio

1. E€etdote av o1 mapaxdte npotdoelg eivon alnieic ¥ Peudeic.

Kdie Sravuopatinde ydpog (8.y.) neptéyet éva undevixd didvuopa.

‘Evag 6.y. unopel va nepléyel neploodtepa ToU EVOC UNdeEVIXE dLovhouoTaL.

Ye xde b.y. V enl evoc owpatoc K, ax =bzr = a =0, 6nov a,b e K,z € V.
Ye xdde 8.y. V enl evoc owpatoc K, arx =ay = v =y, énova € K, z,y € V.

Kdéle otoryeio tou K" unopel va Yewpniel wc éva otoryeio tou My x1 (K).

)
)
)
)
)
) "Evoc nivaxoac m X n éyet m o THRES xou n Ypoupéc.
) Y10 P(K) uropolye va npociésovye pbévo nohumvupa idov Baduo.
) Av f xou g eivon tohu@vupa Baduol n, téte 10 f + g elvon tohudvupo Poduod n.
) Av f elvor mohudvupo Baduod n xou A € K, A # 0, t61e 10 Af elvou tohv@vugo Podyod n.
)

‘Eva yn undevixd otoyeio tou K unopel va Yewpniei we éva otoryeio tou P(K) undevixold
Baduoo.
(1) Abo suvaptioec tou F (S, K) eivar ioec av xou pdvov av €youv tic idiec tiwéc oe xde otoyeio

Tou S.

2. Eow S ={0,1} xu K =R 10 otpa v npaypatixeyv apriuwy. Acilte 6t oto F(S,R), f =g
xa f +g = h, 6700 f(z) = 20 + 1, g(a) = 1+ 4z — 2% s h(x) = 5 + 1.

3. 'Eotww V 10 oivoho dhwv v datetayuévwy Leuy®v tpaypatxmy opduodyv. Av (ar, az) xat (by, ba)

elvar otoyeio Tou V' xou A atoyelo evoc oopatoc K, opiloupe tic npdierc
(a1,a2) + (b1,b2) = (a1 + by, a2b2) xu A (a1, a2) = (Aay,ag).

Eivor o V' pe 1ic mpd€eic autég dravuopatixdg yopeog enl tou owpatog K;  Awxaoroyrote v

andvtnoy| cog.

4. Eotw V ={(a1,...,an): a; €C, i=1,2,...,n}. Avegodidooupe tov V pe ¢ npdetc e (xatd
ouvteTaypévn) tpdoveone xar Tou Baduwtol ToAATAACIHoPol, TOTE Elval BIaVUOUATIXOC YWROC ET

TOU OOUITOS TWV TPAYUATIKOY apLioV;

5. Eow V ={(a1,...,an) : a; €R, i=1,2,...,n}. Avegodidoouvye tov V e tic npdlewc e (xatd
ouvtetaypévn) tpdodeons xou tou Paduwtod tolhankaotacpol, téte eivor dlavuopatixde ywpog eni

TOU GOUATOS TWV UIyadikdy apliumy;
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11.
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13.
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. 'Eotww V = {(a1,a2) : a1,a2 € R}. Av (a1,a2), (b1,b2) € V xou A € R, opiloupe

(a1,a2) + (b1,b2) = (a1 + b1, a2 + ba)

Xl
(0,0) av A =0,
()\al, GTQ) av A #£ 0.

Eivar o V' e tic npdeic autéc Siavuopatinde yopeoc ent tou R; Awxatohoyrote tnv andvinoy| cag.

A (al, ag) =

. Eivar 10 olvoho 6wV 1V napaywyiowy tpaylatixey cuvaptioewy pe nedio opiopol 1o R évac

undywpoc tou C(R); Awxawohoyfote v andvinoy coc.

. Anodetgte 6t av Wi xou Wa elvar undywpot evoc 8.y. V', t6te o Wi + Wa elvan évac undywpog tou

V' nou neptéyet to Wy xar Wa. Emndéov, anodeilte 6t elvan o pixpdtepoc undywpoc tou V' mou

nepéyet o Wy xou W,

. Aci&te 6t o K" elvor 1o eudhd ddpotopa tov undywpewy Wi = {(a1,...,a,) € K" : a, = 0} xu
Wy ={(a1,...,ap) €K":ay =---=a,_1 =0}
"Evac mivaxac A Myeta avtiougpetpindc av AT = —A. (Tlpogavde évac avtiouppetpixde mivoxac

2 4 ’ 4 7 7 7, 14 2 z
elvar TeTpaywvixos.) AelZte 1L 1o ohvoho Wi GA®V TwV N X N AVTICUUUETPIXMY TVAX®Y efvat €vog
undyweoc 10U Myxn(R). Av W eivor 0 undywpoc Shwv TV GUIUETPIXMY TVAX®VY 10U M pn(R),

deilte 61t Myxn(R) = Wi & Wh.

Acilte 6Tt av

10 0 0 01
M1 = 5 M2 = xou M3 = 5
0 0 01 10

t61e 10 span({M, Mo, M3}) eivar 10 60VOAO OA®V TWV GUUPETPIXMV 2 X 2 TVEXWY.

Agi€te 6t av 1 xar S elvar unoolvola evie B.y. V, tétow wote S; C Sy, t6te span(Sy) C

span(Sz). Ewdwxdrepa, av S; C Sy xou span(Sy) =V, téte span(Sy) = V.

Agite 61t av S1 xou Sp eivon tuyaia unoolvoha evic d.y. V', téte span(S; U Se) = span(Sy) +

span(.Ss).

‘Eotw 61 S xou Sy eivar unoolvola evie d.y. V. AnodeiZte 6t span(S; N .S2) C span(Sy) N
span(S2). Adote éva napdderypa 6o onolo to span(S; N S2) xat to span(Sy) Nspan(Sz) eivar (oo

xat €val Tapddetyo 6To onolo elvon dlapopeTixd.



